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Najděte A
−1 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 15

⊳⊳ ⊳ ⊲ ⊲⊲ c©Lenka Přibylová, 2006 ×



K dané matici A určete matici inverznı́ A
−1.

A =





6 −4 −17
−1 1 3
2 −1 −6









6 −4 −17 1 0 0
−1 1 3 0 1 0

2 −1 −6 0 0 1



 ∼





−1 1 3 0 1 0
0 2 1 1 6 0
0 1 0 0 2 1





∼





−1 0 3 0 −1 −1
0 1 0 0 2 1
0 0 1 1 2 −2



 ∼





1 0 0 3 7 −5
0 1 0 0 2 1
0 0 1 1 2 −2





A
−1 =





3 7 −5
0 2 1
1 2 −2




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K dané matici A určete matici inverznı́ A
−1.

A =





6 −4 −17
−1 1 3
2 −1 −6









6 −4 −17 1 0 0
−1 1 3 0 1 0

2 −1 −6 0 0 1



 ∼





−1 1 3 0 1 0
0 2 1 1 6 0
0 1 0 0 2 1





∼





−1 0 3 0 −1 −1
0 1 0 0 2 1
0 0 1 1 2 −2



 ∼





1 0 0 3 7 −5
0 1 0 0 2 1
0 0 1 1 2 −2





A
−1 =





3 7 −5
0 2 1
1 2 −2





Zapı́šeme matici A a jednotkovou matici vedle sebe.
⊳⊳ ⊳ ⊲ ⊲⊲ c©Lenka Přibylová, 2006 ×



K dané matici A určete matici inverznı́ A
−1.

A =





6 −4 −17
−1 1 3
2 −1 −6









6 −4 −17 1 0 0
−1 1 3 0 1 0

2 −1 −6 0 0 1



 ∼





−1 1 3 0 1 0
0 2 1 1 6 0
0 1 0 0 2 1





∼





−1 0 3 0 −1 −1
0 1 0 0 2 1
0 0 1 1 2 −2



 ∼





1 0 0 3 7 −5
0 1 0 0 2 1
0 0 1 1 2 −2





A
−1 =





3 7 −5
0 2 1
1 2 −2





Druhý řádek volı́me jako klı́čový, protože čı́slo −1 je vhodnějšı́ pro
vytvářenı́ nul než čı́sla 6 a 2. Klı́čový řádek pı́šeme jako prvnı́.
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K dané matici A určete matici inverznı́ A
−1.

A =





6 −4 −17
−1 1 3
2 −1 −6









6 −4 −17 1 0 0
−1 1 3 0 1 0

2 −1 −6 0 0 1



 ∼





−1 1 3 0 1 0
0 2 1 1 6 0
0 1 0 0 2 1





∼





−1 0 3 0 −1 −1
0 1 0 0 2 1
0 0 1 1 2 −2



 ∼





1 0 0 3 7 −5
0 1 0 0 2 1
0 0 1 1 2 −2





A
−1 =





3 7 −5
0 2 1
1 2 −2





Upravı́me prvek a11 = 6 na nulu.

6
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K dané matici A určete matici inverznı́ A
−1.

A =





6 −4 −17
−1 1 3
2 −1 −6









6 −4 −17 1 0 0
−1 1 3 0 1 0

2 −1 −6 0 0 1



 ∼





−1 1 3 0 1 0
0 2 1 1 6 0
0 1 0 0 2 1





∼





−1 0 3 0 −1 −1
0 1 0 0 2 1
0 0 1 1 2 −2



 ∼





1 0 0 3 7 −5
0 1 0 0 2 1
0 0 1 1 2 −2





A
−1 =





3 7 −5
0 2 1
1 2 −2





Upravı́me prvek a31 = 2 na nulu.
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K dané matici A určete matici inverznı́ A
−1.

A =





6 −4 −17
−1 1 3
2 −1 −6









6 −4 −17 1 0 0
−1 1 3 0 1 0

2 −1 −6 0 0 1



 ∼





−1 1 3 0 1 0
0 2 1 1 6 0
0 1 0 0 2 1





∼





−1 0 3 0 −1 −1
0 1 0 0 2 1
0 0 1 1 2 −2



 ∼





1 0 0 3 7 −5
0 1 0 0 2 1
0 0 1 1 2 −2





A
−1 =





3 7 −5
0 2 1
1 2 −2





Nový klı́čový řádek bude třetı́ řádek. Napı́šeme jej jako druhý v
pořadı́.
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K dané matici A určete matici inverznı́ A
−1.

A =





6 −4 −17
−1 1 3
2 −1 −6









6 −4 −17 1 0 0
−1 1 3 0 1 0

2 −1 −6 0 0 1



 ∼





−1 1 3 0 1 0
0 2 1 1 6 0
0 1 0 0 2 1





∼





−1 0 3 0 −1 −1
0 1 0 0 2 1
0 0 1 1 2 −2



 ∼





1 0 0 3 7 −5
0 1 0 0 2 1
0 0 1 1 2 −2





A
−1 =





3 7 −5
0 2 1
1 2 −2





Upravı́me prvek a12 = 1 na nulu.

(−1)
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K dané matici A určete matici inverznı́ A
−1.

A =





6 −4 −17
−1 1 3
2 −1 −6









6 −4 −17 1 0 0
−1 1 3 0 1 0

2 −1 −6 0 0 1



 ∼





−1 1 3 0 1 0
0 2 1 1 6 0
0 1 0 0 2 1





∼





−1 0 3 0 −1 −1
0 1 0 0 2 1
0 0 1 1 2 −2



 ∼





1 0 0 3 7 −5
0 1 0 0 2 1
0 0 1 1 2 −2





A
−1 =





3 7 −5
0 2 1
1 2 −2





Upravı́me prvek a22 = 2 na nulu.

(−2)
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K dané matici A určete matici inverznı́ A
−1.

A =





6 −4 −17
−1 1 3
2 −1 −6









6 −4 −17 1 0 0
−1 1 3 0 1 0

2 −1 −6 0 0 1



 ∼





−1 1 3 0 1 0
0 2 1 1 6 0
0 1 0 0 2 1





∼





−1 0 3 0 −1 −1
0 1 0 0 2 1
0 0 1 1 2 −2



 ∼





1 0 0 3 7 −5
0 1 0 0 2 1
0 0 1 1 2 −2





A
−1 =





3 7 −5
0 2 1
1 2 −2





Nový klı́čový řádek bude řádek poslednı́.
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K dané matici A určete matici inverznı́ A
−1.

A =





6 −4 −17
−1 1 3
2 −1 −6









6 −4 −17 1 0 0
−1 1 3 0 1 0

2 −1 −6 0 0 1



 ∼





−1 1 3 0 1 0
0 2 1 1 6 0
0 1 0 0 2 1





∼





−1 0 3 0 −1 −1
0 1 0 0 2 1
0 0 1 1 2 −2



 ∼





1 0 0 3 7 −5
0 1 0 0 2 1
0 0 1 1 2 −2





A
−1 =





3 7 −5
0 2 1
1 2 −2





Druhý řádek zůstane, má nulu na mı́stě a23.
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K dané matici A určete matici inverznı́ A
−1.

A =





6 −4 −17
−1 1 3
2 −1 −6









6 −4 −17 1 0 0
−1 1 3 0 1 0

2 −1 −6 0 0 1



 ∼





−1 1 3 0 1 0
0 2 1 1 6 0
0 1 0 0 2 1





∼





−1 0 3 0 −1 −1
0 1 0 0 2 1
0 0 1 1 2 −2



 ∼





1 0 0 3 7 −5
0 1 0 0 2 1
0 0 1 1 2 −2





A
−1 =





3 7 −5
0 2 1
1 2 −2





Upravı́me prvek a13 = 3 na nulu.

3

(−1)
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K dané matici A určete matici inverznı́ A
−1.

A =





6 −4 −17
−1 1 3
2 −1 −6









6 −4 −17 1 0 0
−1 1 3 0 1 0

2 −1 −6 0 0 1



 ∼





−1 1 3 0 1 0
0 2 1 1 6 0
0 1 0 0 2 1





∼





−1 0 3 0 −1 −1
0 1 0 0 2 1
0 0 1 1 2 −2



 ∼





1 0 0 3 7 −5
0 1 0 0 2 1
0 0 1 1 2 −2





A
−1 =





3 7 −5
0 2 1
1 2 −2





Matice vlevo je ve schodovitém tvaru a inverznı́ matice je tedy
napravo.
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K dané matici A najděte matici inverznı́ A
−1.

A =





1 0 4
1 −1 1
1 2 6









1 0 4 1 0 0
1 −1 1 0 1 0
1 2 6 0 0 1





∼





1 −1 1 0 1 0
0 1 3 1 −1 0
0 3 5 0 −1 1



 ∼





1 0 4 1 0 0
0 1 3 1 −1 0
0 0 −4 −3 2 1





∼





1 0 0 −2 2 1
0 4 0 −5 2 3
0 0 4 3 −1 −1





∼





1 0 0 −2 2 1
0 1 0 −5/4 2/4 3/4
0 0 1 3/4 −1/4 −1/4



 ;

A
−1 =

1

4





−8 8 4
−5 2 3

3 −2 −1




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K dané matici A najděte matici inverznı́ A
−1.

A =





1 0 4
1 −1 1
1 2 6









1 0 4 1 0 0
1 −1 1 0 1 0
1 2 6 0 0 1





∼





1 −1 1 0 1 0
0 1 3 1 −1 0
0 3 5 0 −1 1



 ∼





1 0 4 1 0 0
0 1 3 1 −1 0
0 0 −4 −3 2 1





∼





1 0 0 −2 2 1
0 4 0 −5 2 3
0 0 4 3 −1 −1





∼





1 0 0 −2 2 1
0 1 0 −5/4 2/4 3/4
0 0 1 3/4 −1/4 −1/4



 ;

A
−1 =

1

4





−8 8 4
−5 2 3

3 −2 −1





Začneme se zadanou maticı́ a s 3 × 3 jednotkovou maticı́.
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K dané matici A najděte matici inverznı́ A
−1.

A =





1 0 4
1 −1 1
1 2 6









1 0 4 1 0 0
1 −1 1 0 1 0
1 2 6 0 0 1





∼





1 −1 1 0 1 0
0 1 3 1 −1 0
0 3 5 0 −1 1



 ∼





1 0 4 1 0 0
0 1 3 1 −1 0
0 0 −4 −3 2 1





∼





1 0 0 −2 2 1
0 4 0 −5 2 3
0 0 4 3 −1 −1





∼





1 0 0 −2 2 1
0 1 0 −5/4 2/4 3/4
0 0 1 3/4 −1/4 −1/4



 ;

A
−1 =

1

4





−8 8 4
−5 2 3

3 −2 −1




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K dané matici A najděte matici inverznı́ A
−1.

A =





1 0 4
1 −1 1
1 2 6









1 0 4 1 0 0
1 −1 1 0 1 0
1 2 6 0 0 1





∼





1 −1 1 0 1 0
0 1 3 1 −1 0
0 3 5 0 −1 1



 ∼





1 0 4 1 0 0
0 1 3 1 −1 0
0 0 −4 −3 2 1





∼





1 0 0 −2 2 1
0 4 0 −5 2 3
0 0 4 3 −1 −1





∼





1 0 0 −2 2 1
0 1 0 −5/4 2/4 3/4
0 0 1 3/4 −1/4 −1/4



 ;

A
−1 =

1

4





−8 8 4
−5 2 3

3 −2 −1





Upravı́me a11 = 1 na nulu.

(−1)
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K dané matici A najděte matici inverznı́ A
−1.

A =





1 0 4
1 −1 1
1 2 6









1 0 4 1 0 0
1 −1 1 0 1 0
1 2 6 0 0 1





∼





1 −1 1 0 1 0
0 1 3 1 −1 0
0 3 5 0 −1 1



 ∼





1 0 4 1 0 0
0 1 3 1 −1 0
0 0 −4 −3 2 1





∼





1 0 0 −2 2 1
0 4 0 −5 2 3
0 0 4 3 −1 −1





∼





1 0 0 −2 2 1
0 1 0 −5/4 2/4 3/4
0 0 1 3/4 −1/4 −1/4



 ;

A
−1 =

1

4





−8 8 4
−5 2 3

3 −2 −1





Upravı́me a31 = 1 na nulu.

(−1)
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K dané matici A najděte matici inverznı́ A
−1.

A =





1 0 4
1 −1 1
1 2 6









1 0 4 1 0 0
1 −1 1 0 1 0
1 2 6 0 0 1





∼





1 −1 1 0 1 0
0 1 3 1 −1 0
0 3 5 0 −1 1



 ∼





1 0 4 1 0 0
0 1 3 1 −1 0
0 0 −4 −3 2 1





∼





1 0 0 −2 2 1
0 4 0 −5 2 3
0 0 4 3 −1 −1





∼





1 0 0 −2 2 1
0 1 0 −5/4 2/4 3/4
0 0 1 3/4 −1/4 −1/4



 ;

A
−1 =

1

4





−8 8 4
−5 2 3

3 −2 −1




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K dané matici A najděte matici inverznı́ A
−1.

A =





1 0 4
1 −1 1
1 2 6









1 0 4 1 0 0
1 −1 1 0 1 0
1 2 6 0 0 1





∼





1 −1 1 0 1 0
0 1 3 1 −1 0
0 3 5 0 −1 1



 ∼





1 0 4 1 0 0
0 1 3 1 −1 0
0 0 −4 −3 2 1





∼





1 0 0 −2 2 1
0 4 0 −5 2 3
0 0 4 3 −1 −1





∼





1 0 0 −2 2 1
0 1 0 −5/4 2/4 3/4
0 0 1 3/4 −1/4 −1/4



 ;

A
−1 =

1

4





−8 8 4
−5 2 3

3 −2 −1





Upravı́me a12 = −1 na nulu.
⊳⊳ ⊳ ⊲ ⊲⊲ c©Lenka Přibylová, 2006 ×



K dané matici A najděte matici inverznı́ A
−1.

A =





1 0 4
1 −1 1
1 2 6









1 0 4 1 0 0
1 −1 1 0 1 0
1 2 6 0 0 1





∼





1 −1 1 0 1 0
0 1 3 1 −1 0
0 3 5 0 −1 1



 ∼





1 0 4 1 0 0
0 1 3 1 −1 0
0 0 −4 −3 2 1





∼





1 0 0 −2 2 1
0 4 0 −5 2 3
0 0 4 3 −1 −1





∼





1 0 0 −2 2 1
0 1 0 −5/4 2/4 3/4
0 0 1 3/4 −1/4 −1/4



 ;

A
−1 =

1

4





−8 8 4
−5 2 3

3 −2 −1





Upravı́me prvek a32 = 3 na nulu.

(−3)
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K dané matici A najděte matici inverznı́ A
−1.

A =





1 0 4
1 −1 1
1 2 6









1 0 4 1 0 0
1 −1 1 0 1 0
1 2 6 0 0 1





∼





1 −1 1 0 1 0
0 1 3 1 −1 0
0 3 5 0 −1 1



 ∼





1 0 4 1 0 0
0 1 3 1 −1 0
0 0 −4 −3 2 1





∼





1 0 0 −2 2 1
0 4 0 −5 2 3
0 0 4 3 −1 −1





∼





1 0 0 −2 2 1
0 1 0 −5/4 2/4 3/4
0 0 1 3/4 −1/4 −1/4



 ;

A
−1 =

1

4





−8 8 4
−5 2 3

3 −2 −1




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K dané matici A najděte matici inverznı́ A
−1.

A =





1 0 4
1 −1 1
1 2 6









1 0 4 1 0 0
1 −1 1 0 1 0
1 2 6 0 0 1





∼





1 −1 1 0 1 0
0 1 3 1 −1 0
0 3 5 0 −1 1



 ∼





1 0 4 1 0 0
0 1 3 1 −1 0
0 0 −4 −3 2 1





∼





1 0 0 −2 2 1
0 4 0 −5 2 3
0 0 4 3 −1 −1





∼





1 0 0 −2 2 1
0 1 0 −5/4 2/4 3/4
0 0 1 3/4 −1/4 −1/4



 ;

A
−1 =

1

4





−8 8 4
−5 2 3

3 −2 −1





Upravı́me a23 = 3 na nulu.

3

4
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K dané matici A najděte matici inverznı́ A
−1.

A =





1 0 4
1 −1 1
1 2 6









1 0 4 1 0 0
1 −1 1 0 1 0
1 2 6 0 0 1





∼





1 −1 1 0 1 0
0 1 3 1 −1 0
0 3 5 0 −1 1



 ∼





1 0 4 1 0 0
0 1 3 1 −1 0
0 0 −4 −3 2 1





∼





1 0 0 −2 2 1
0 4 0 −5 2 3
0 0 4 3 −1 −1





∼





1 0 0 −2 2 1
0 1 0 −5/4 2/4 3/4
0 0 1 3/4 −1/4 −1/4



 ;

A
−1 =

1

4





−8 8 4
−5 2 3

3 −2 −1





Upravı́me prvek a13 = 4 na nulu.
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K dané matici A najděte matici inverznı́ A
−1.

A =





1 0 4
1 −1 1
1 2 6









1 0 4 1 0 0
1 −1 1 0 1 0
1 2 6 0 0 1





∼





1 −1 1 0 1 0
0 1 3 1 −1 0
0 3 5 0 −1 1



 ∼





1 0 4 1 0 0
0 1 3 1 −1 0
0 0 −4 −3 2 1





∼





1 0 0 −2 2 1
0 4 0 −5 2 3
0 0 4 3 −1 −1





∼





1 0 0 −2 2 1
0 1 0 −5/4 2/4 3/4
0 0 1 3/4 −1/4 −1/4



 ;

A
−1 =

1

4





−8 8 4
−5 2 3

3 −2 −1





Vydělı́me.
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K dané matici A najděte matici inverznı́ A
−1.

A =





1 0 4
1 −1 1
1 2 6









1 0 4 1 0 0
1 −1 1 0 1 0
1 2 6 0 0 1





∼





1 −1 1 0 1 0
0 1 3 1 −1 0
0 3 5 0 −1 1



 ∼





1 0 4 1 0 0
0 1 3 1 −1 0
0 0 −4 −3 2 1





∼





1 0 0 −2 2 1
0 4 0 −5 2 3
0 0 4 3 −1 −1





∼





1 0 0 −2 2 1
0 1 0 −5/4 2/4 3/4
0 0 1 3/4 −1/4 −1/4



 ;

A
−1 =

1

4





−8 8 4
−5 2 3

3 −2 −1





Inverznı́ matice vznikla v pravé polovině. Z této matice lze

vytknout společný jmenovatel
1

4
.
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KONEC
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